We shall consider a first order language with equality, and the corresponding structures. Reduced products {powers) and Horn sentences are defined in [4, pp. 199, 211]. An V n sentence is a prenex sentence whose prefix consists of a block of universal quantifiers, followed by a block of existential quantifiers, followed by another block of universal quantifiers, and so on n times; a n sentences are defined dually. An EC (HC, V n C) is the class of all models of an elementary sentence (Horn sentence, V n sentence), and an EC A (HCA, VWCA) is the class of all models of a set of elementary sentences (Horn sentences, V n sentences 
The "if" part of Theorem 1 is due to Chang [4, Theorem 2.6, p. 215]. The "only iP was conjectured by Chang [8, p. 307 ] and proved by Keisler [8,  result A, p. 307; Corollary 4.3, p. 322] assuming that at least one case of the generalized continuum hypothesis holds, i.e., that 2 ct = a+ for some infinite cardinal a. Now, I have not found a direct proof of Theorem 1 without using the continuum hypothesis. Instead I have observed that, using Ershov's results in [2] , one can eliminate the continuum hypothesis from Theorem 1 by Kreisel's method [ll, p. 165] based on Gödel's proof of the consistency of the continuum hypothesis. On the basis of Theorem 1, several related results (Theorems 2, 6, and 8), previously known to follow from the continuum hypothesis, can be proved without assuming that hypothesis and without further recourse to Kreisel's method. THEOREM 
An EC à is closed under proper reduced products iff it is an HCA.
The "iP in Theorem 2 is due to Chang [4 ing that 2 a =a + for some infinite cardinal a not less than the number of sentences needed to characterize the given EC A-Since a conjunction of Horn sentences is equivalent to a Horn sentence, it is clear that an EC is an HCA iff it is an HC; hence Theorem 1 is included in Theorem 2.
The elementary types of Boolean algebras were first described by Tarski [12] . We will use Ershov's notation [2, p. 22 Theorems 3(a)-(e) all become false, even for classes of Boolean algebras, if V n CA is changed to B n C; for case (a) this was shown by Chang and Morel [l, p. 153]. 3(a) is essentially due to Weinstein, who showed [13, Theorem 1.3.1, p. 23] that an V2 sentence preserved by direct products is equivalent to an V2 Horn sentence; moreover, it follows easily by the methods of [13] that a set of V2 sentences which is preserved by direct products is equivalent to a set of V 2 Horn sentences, and is therefore preserved by proper reduced products. ->Rxy 2 ) ]. In this case, if K is even closed under direct products, we have that K fc<f> iff either K t=0i or Ktz<fi 2 . By the way, Theorem 9 remains true if we change "proper reduced products" and "Horn sentences" to "direct products" and "product sentences" (i.e., sentences preserved by direct products) ; this fact was discovered independently by Weinstein and myself, and is proved in [13] . The next two theorems answer an unpublished question of Addison's, as to whether there are any natural classes of sentences with the property of generating, up to logical equivalence, under Boolean operations, all elementary sentences. THEOREM [4, p. 211] by changing "at most one" to "exactly one"; equivalently, a strict Horn sentence is a Horn sentence that holds in the "unit system" [4, p. 198] . It is easy to see that every Horn sentence is equivalent to a Boolean combination of (at most two) strict Horn sentences. Hence Theorem 10 can be slightly improved: Every sentence is equivalent to a Boolean combination of strict Horn sentences. THEOREM 
Every sentence is equivalent to a Boolean combination of sentences preserved by direct factors.
A syntactical characterization of Sentences preserved by direct factors has been given by Keisler This follows from Theorem 10 in the case of a complete theory, and from Theorem 9 in the case of a Horn theory. 15(b) generalizes Ershov's result [2, p. 17 ] that, if a class K of structures has a decidable theory, so does the class of all reduced products of members of K. 15(b) can also be regarded as a generalization of Tarski's result [12] that the theory of Boolean algebras is decidable, since it is easy to see that every Horn sentence holding in the 2-element Boolean algebra holds in all nontrivial Boolean algebras. (Of course this follows from the above-mentioned result of Ershov's, that every Boolean algebra is elementarily equivalent to a reduced power of the 2-element Boolean algebra; but there is also a simple direct proof.) However, we do not have a new proof of Tarski's result, since the decidability of the theory of Boolean algebras was needed to get effectiveness in Theorem 9.
